Abstract. Results of M. Tani on compact conformally flat manifolds and of M. Okumura on compact hypersurfaces of Euclidean space are extended to complete spaces by an application of S.-T. Yau's "maximum principle".
1. Introduction. M. Tani [3] proved that a compact and orientable Riemannian manifold admitting a conformally flat metric of positive Ricci curvature and constant scalar curvature is a space form, that is, it is a constant curvature space. It is our purpose to extend this result to complete Riemannian manifolds with Ricci curvature bounded from below. This will be accomplished by employing a "maximum principle" due to S.-T. Yau. In fact, the following statement is obtained. We denote the scalar curvature by r, that is, r = tr Q, where Q = (RJ) and Rj = g'kRjk. The manifold (M, g) is conformally flat if g is conformally related to a locally flat metric. where tr Q 2 is the square length of the Ricci tensor, and If r is a constant, the third term on the r. h. s. of (3.1) vanishes. If, moreover, M is conformally flat and d > 3, the second term on the right also vanishes (see [1] ) and (3.1) reduces to ±AtTQ2 = K + g(VQ, VQ). Moreover,
The following lemma may be found in [2] . Hence, either f2 = 0 or sup/ > r/~\jd(d -1) , the latter implying sup tr g2 > r2/(i/ -1). The former says that tr Q2 = r2/¿, so g is an Einstein metric. However, since g is conformally flat, it is a constant curvature metric.
